Bexoe nzs MATEMATURKE 2

PyHKIINje BUIIE IPOMEHJBUBUX

1. Hahwu momene caenehux ¢pynrmuja: a) f(z,y) = E, b) flx,y) =vV—-2+ ¥
Yy
1
) foy) = VISPt —— . Q) fy) =TT €) fay,2) = B 2~ 4.
Vat+y?-1
Pesyamarm:  a) Dy = {(x.y) sy # 0} b) Dy = {(x,1) 1w <0,y >0 ) Dy = {(y): 1< a? 4> <d}:
2 2 2

d) Dy ={(x,y) : 20,02y <a®}; ) Dy ={(a.y.2): & + 4 + 5 <1k

I'paununa BpenHoOCT PyHKHOUja OBE IIPOMEHJIbUBE
2. Horazaru ma je lim  f(z,y) =0 ako je:

(z,9)—(0,0)

flz,y) = (x—i—y)sin%sin%.

x4 222 + y + 2y?

3. lim 5 5 = 2. lloka3zaru.
(2,y)—(+o00,+00) e +y
4. Iloxa3aTu ma He mocToju  lim %
(z,9)—(0,0) T + ¥y
5. 11 jma) i %y 5) li %y
. JlokaszaTu nma He IOCTOjU a im —— im _
! (2,9)—(0,0) 24 + 32 (@)= (+00,+00) 24 + y2
M3pauynaru:
2 2 _ 3 2 2,2
6. lim W ; 7. lim 3 i 5 3 8. lim %;
(my)=(11)  z°—y (zy)=(22) 2° =20y + T —y+y (z,y)—=(c0,00) T2 — Y + Y
\/1 2y2 -1 1
9. tim VATV D 400 him (14ay?)Te
(z,y)—(0,0) =ty (z,y)—(0,3)
4 3
Pesyaratu: 6. g; 7. 4; 8. 0; 9. 0; 10. e°.

HenperkunmaocT pyHKIUja nBE NPOMEHJEUBE

Iorazaru na je nata ¢yurmuja f: R x R — R menpexknana na R x R.

11. .
ﬂx’y):{ e 0700
0, (m,y) = (0,0)
12. -
z Y
flx,y) =4 22 +¢2 (z,y) # (0,0)
0, (z,y) = (0,0)

13. Hokazaru na ¢gyurmuja f: R X R — R nma orknowus npekun y tauru (0,0).
sinx + siny

f(1‘7y): Tty



14. Iokasarn na ¢yurnnja f: R X R — R uma sHeorkmowus npekun y taduku (0,0).
z? + y?

f(l',y): Tty

15. Iokasaru na ¢yurnnja f: R X R — R uma neorkmowus npekun y tadku (0,0).

.’132

f(x,y) =

2 4+9y2 -z

16. Ucnuraru vHenperuauoct pyurmuje f: R x R — R y Taurn (0,0).

30 23) ain 1 1
(z° +y7°) sin oripr €08

a’) f(xvy): x2+y2 ’ (x,y);é(O 0
0, (,y) = (0,0)

S sin o + y% cos s
b) f(xvy) = — +;2 +ZQ = -~ ’ (‘r’y) 7é (070)
0, (z,y) = (0,0)

ITaprujanau n3Bomu n mudepeHnjast

3a zanary ¢yurmujy f: R x R — R oxpenntu napuujanne ussone:

17. f(z,y) = 22%y? — 2 +1)3 ; 18. f(z,y) = arctg 7.
3a zamary ¢yurmmjy f:R X R x R — R oxpemuru napiujanse u3Bome:
19. f(=z,y,2) = sin(zy + yz) ; 20. f(z,y,z) = ™ 21. f(z,y,2) = x¥.
) _ 2,2 2 2 — 19,2 2,2 2. __ Y _ zr .
Pesynraru: 17. f; = 3(22%y° —x + 1)*(dwy® — 1), f, = 122%y(22°y* —x +1)%;  18. f; = Ry fy= R

19. fi = ycos(zy + yz), fi = (x + 2z)cos(zy + yz), fL = ycos(zy +yz);  20. f, = yze™V*, f = wze™*, f| = aye™;
21. f; =yFzW D, f{, =a¥ y* lzlnz, f =Y y*Inzlny.

22. Hoxkazaru ma ¢yssmumja je f: R x R — R uma napuujmse n3Bone y cBakoj tauku R? = R x R.

. 0.0
flay) =4 Va2 ti2 (z,y) # (0,0)
0, (z,y) = (0,0)

Pesynrar: f;(0,0) =0, f,(0,0) =0

23. Horaszatu na ¢yssmuja f(x,y) = v/ + y? Hema mapumjansne ussone y tauru (0,0).

24. 3a mary ¢yHEOUjy ompemutu ToTadHu madepenmajai: a) f(z,y) = (2% +y?)? ; b) flz,y) = In/a?2+y? ;
c) flz,y,2) = /22 + y? + 22.
d d d d d
Pesynrat: a) df = 6(z? + y*)?(xdx + ydy); b) df = Tar tyay +2 Z; c) df = %
V2 + 42 + 22 a2 +y

JudepennujadbusocT

25. Ilora3at; na je (yHKIUja

mpepeHnjabuaEa y CBUM TadykaMa pasHEn RZ.



26. Horasaru na je mara pysrmnuja f: R x R — R mupepennujabunna y tauku (0,0) mako mapuujaaau U3BOAUA y
TO] TAUKU MMA]y MPEKUI.

(% +y?) sin (z,y) # (0,0)
flz,y) = x? +y?
0, z,y) = (0,0)
27. Iorazary na mara (QpyHKINUja
3y
flay) = 2642 (z,y) # (0,0
07 x? y = (07 O

y taukn (0,0) Huje mudpepennmjabuiana, UAKO UMa NAPIUjATHE U3BOLE y CBUM TAYKAMA.
N3Bon u mudepeHIUja UMIJINIUTHE QyHKIA]je

28. WMzpauynaru uzBon ¢pyurnuje f :x +— y medUHUCAHE jeTHATUHOM:

22Iny —y?Inz = 0.

y2

— —2zxlny
oo — T
Pesynrar: y' = 5——
— —2ylnzx
Y
29. 3a ¢yurnujy f: (z,y) — 2z gary jexHaYMHOM:
224y + 22 =2
OPEeIUTH TOTAJHU AU(PEPEHIN]a.
1-— 1 —x)dx — yd
Pesyarar: 2z, = x;z; = fg; dz = (1= z)dz — ydy
z z z
of of . :
30. Uspauynaru 8—(0, 1), 8—y(0,1)7 ako je f(x,y) = z medunucana jemHaromny:
x

22x— 2%y +yz +22 —y=0.

233y—y2—2. ;L

2 +1-2yz
P N
2zx +y2 Y 2zx + y2

Pesynrar: z,, = ;2(0,1) =1,2,,(0,1) = =3, 2,(0,1) = —1

31. 3a ¢yurumjy f: (z,y) — z maTy jeAHAUMHOM:
522 4 5y? + 522 — 2wy — 222 — 2yz = 72

OPEIUTN TOTAJHU AU(EPEHIIN)a.

, Yy+z—br , x+z-5y (y + z — bx)dx + (x + 2z — by)dy
Pesyarat: 2z, = =———;2/ = ———; dz=
Sz—x—y Y bz—xz-—y bz—x—y
32. 3a ¢yurumjy f(x,y) = z mary jeaHAUYMHOM:
22 — 22y — 3y + 522+ 62+ 2y =0
OPEIUTN TOTAJHU AU(EPEHII)a.
—x—3 3y—1 —x—3)d 3y —1)d
Pesynrar: z;:y ’ ;z':x+ Y ; dz:(y = 3)dz+ (v + 3y = Ddy
5z Y 5z 5z



33. 3a ¢yurmmjy f(x,y) = z maTy jerHaUMHOM:
oy’ +ar2? -y —r4+2y+2-3=0

OPEeIUTU TOTAJHU AUPEPEHIIU]a.

1_y2_22

PV A

22— 2wy —2 (1 — 9% — 22)dx + (2% — 22y — 2)dy

C o
Pesynrat: 2z, =

2x272yz+1’zy_2xzf2yz+1’ 20z — 2yz +1

ITaprujanau n3Boau BuUIIer pena U mUepeHnjaJ Iy BUIIET pena

T+y
1—xy

OIpEeNUTH MAPIUjaJIHE U3BOJIE APYTOr pema.
1 1 —2x

. f£1

34. 3a ¢yurmmjy f(x,y) = arctg

Pesynrat: f, =

35. 3a ¢pyurmmjy f(x,y,2) = /2?2 +y? + 22 oxpemuTn nmapuujaigHe U3BoAe APYTOT pela.

24,2
T Yy z Yy +z
Pesyarat: fl = i fl = D fl = Sfr = : = - '
Y Ja /22 + y2 + 22 Ty /22 + 42 + 22 E 22 + y2 + 22 Jaa (x2+y2+z2)% Fuy (22 +y2 + 22)
[Z— x2+y2 Cf xy Cf yZ S Tz
T2+ (@242 422 (@242 42202 (a2 4 y? 4+ 22)3

36. Onppenurn napuujasse msBonxe Buier pexna ¢yurmuje f(x,y) = z 3amare jenHakomhy

(mapuujanaHe M3BoAe MPBOT pela OBe (YHKIUje M3PAadyHAIM CMO V 3a0aTKy 31):

522 4 5y% 4+ 522 — 2xy — 22z — 2yz = T2.

Cfn 1

N /: = ——— = =
1+x2’fy 1+y2’ Tz (1+x2)2’ Ty yx

" __

_2y

rJyy T (1+y2)2

x2+22

Pesyarar: Z,:y—i—z—fmz. ,:x+z—5y.
Y bz—x—y’ 52 —x —y’
" —5+22;—5(2é)2 " 1—}—2;—1—2;—52;6)2
= Z =
o Sz—x—y bz—x—y
/ ’\2
o :—5—|—2zy—5(zy)
vy 52—z —y

37. 3a dysrmajy f(z,y, z) = 223 — 3y3 + 2%yz — 22 + xyz ompemuTu d?f.

Pesynrar: f!, = 622 + 2xyz + yz; Iy = —9y? + 222 + xz; fL = 2%y — 22 + 2y;
e =120+ 2yz; f) = —18y; Il = =2, fIl = 2wz + 2 fI, = 2xy +y; fy, = 2® + 15
d*f = (122 + 2yz)dz? — 18ydy? — 2dz? + 2((2zz + z)dzdy + (2zy + y)dzdz + (2? + x)dydz)

TejnopoBa popmysia. MawriaopenoBa popmyia.

38. Ompemutu TejIoOpoB MONMHOM APYTOr CTENEHa KOju ampokcumupa nary ¢yssmmjy f(z,y) = etV (2z +y) vy
orkosmun taure A(1,1).
Pesymrar: f, ="t (2z +y+2); f; ="V +y+1); flh =e"VQ2r+y+4); fr, = TV(2x 4y + 3);

fie = etV(2r +y+2); f(1,1) =3e%; f1(1,1) = 5e?; f)(1,1) = 4e?; f1(1,1) = 7e?; f1 (1,1) = 6e?; fi2(1,1) = 5e?;

To(, ) = €3+ 5(x — 1) +4(y — 1)+ (@ — 12+ 6z~ 1)y 1) + 2y~ 1)?)

39. dymrmmjy f(x,y) = /1 — 22 — y? anporcumupaTn MakrIOpEHOBUM IOJIMHOMOM UYETBPTOT CTENEHA.
22 +y2 (22 +y?)?

Pesynrat: Ty(z,y)=1—

8

40. Ogmpemutu Tejnopos MONMHOM APYTOr CTemeHa KojuM ce ¢pyurnmja f(r,y) = z mepunucana jemaaromhy

224 y? -2 —2yz=0,2>0

anmpokcuMupa y okosman tauke A(—1,0).
C2y—zz 201 —vyzh—(2)Y) , 21—z — (22)2) by 22pz, — X2, — Yz, — 2

2r —yz

3
2

P 2! = = = =
CYITATZ: = o0 xy’ T 9y xy’ Fa2 22+ xy v 22 + xy ey

1 5 1
2(0,1) = 15 2,(—=1,0) = —=1; 2, (~1,0) = 5 2, (—1,0) = 0; zé@(—LO) = i;z;'y(—l,O) =-3

11 5
Tz(x,y):1*(I+1)+5y*§($+1)y+§y2

2z +zy

3



41.(I wonoreujym 2009) Hamucatu MAaKIOPEHOB TOJMHOM APYTOr CTEIEHA KOJUM Ce almpOKCuMupa (yHKIZ)ja
f(z,y) = z 3amara jemmaunHOM:

B4 lr—a2? -y -2y—1=0.
21 — 22 2y + 2

. ’ / .
Pesynrar: 2z, = 32 1 221’ § 2y = 322 1 2.0

, L=~ 8a()D) L, 20 -a - 3a()%) |, e+ azha + 322

Fa 322 + 220 2% - 322 + 22 »Foy T 322 + 221 ;
2(0,0) = 1;2.,(0,0) = 3,2;(0,0) =3 2,(0,0) = 377 2(0,0) = —g’ 2,7,(0,0) = 0;
z 2y 22?2y
T S
(@) 37373 79

42.(cenrembap 2009) Hanucatu Tejnopos moamHOM APYTOr cTemeHa koju y okosuam tauke A(0,1) ampokcuMupa
dyurmujy f(x,y) = z 3amaTy jeaHAUUMHOM:
e +xr—2yz+22=4, 2 <0.

, —z—ye™ 2z — xe™
Toox—2y+22"7Y x-—2y+22
-2z —y2e® —2(21)? 4z — 2™ — 2(z})?

Pesynrar: 2z

—(14zy)e™ + 22, — 2/ — 2202/

Z// — .Z// — .Z// — Y 7Y .
@2 x—2y+ 2z » Ty x—2y+2z Ty x — 2y + 2z ’
1 3
T =—14+=(y—1 —z2 4 = 1) - —=(y—1)2
2(7,y) +oy =1+ g+ caly - 1) 16(y )

JlokasmHu ekcTpeMyMu (yHKIUje IBE€ IPOMEHJEUBE

43. 3a ¢pymrmmjy f(z,y) =2 — /22 + y? onpennTu CBe JIOKAJIHE EKCTPEMyMe.
Pesyarat: fma: = f(0,0) =

44. 3a dpyurmujy f(x,y) = e~V (22 4 2y%) OApEIUTH CBE JIOKAJHE eKCTpeMyMe.
y

Pesyarar:
Cramuonapue tauke dpyurmmje cy: S1(0,0);.52(0,1); S3(0, —1);.54(1,0); S5(—1,0)
fmzn:f(ovo)zovfmazzf( ):f( _1)_26_1
45. Oppenmurtu cBe JOKaJHEe ekcTpeMyMe QyHKmmje f(x,y) = z KOja je mara jeIHAUMHOM:
522 4 5y% + 522 — 2xy — 22z — 2yz = T2.
Pesyarar: foee = f(1,1) =4; foin = f(—1,-1) = —4

46. Ilorazatu ma dymrmja f(z,y) = 22 + y> — 32y Hema y taurn (0,0) JOKATHA €KCTPEMYyM.

3 2
47.(jamyap 2010) Oapemutu cse exctpemyme dyurnujy f(z,y) = In(z?y) + i +x— J
48.(jym 2008) Ompenurtu cBe JokajHe ekcTpeMmyMe ¢Gyurnuje f(x,y) = z KOja je marTa jerHAUUHOM:

24?4+ 22+ 2z +4x+324+4=0,y>0

49.(I ronokBujym 2009) Oxpenutu cBe JoKaJgHe ekcTpeMyMe QyHKImje f(x,y) = z KOja je mara jeIHAUMHOM:

3zz +yz —In3zy = 2.

1

1
Pesyarar: fiin = f(—g,—l) =—1; fonaz = f(g, =1



JlokasiHu ekcTpeMyMu (yHKIUje TPU NPOMEHJLUBE

50. 3a mary ¢ymrumjy f: A — R, A C R® oapemurtu cBe noKasiHe eKcTpeMyMe.

flz,y,2) = (x — 1)% + 3 + 6y + 222 + 222.

51. 3a mary ¢ymruujy f: A — R, A C R? oapemurtu cBe nokasnHe excTpemyMe.

z 2
y+7+

flz,y,z) =ax+ = -
T Yy =z

52.(oxrobap 2009) Oxpenutu eKCTpeMHE BPEAHOCTU (yHKIU]E:

flx,y,2) = e ®(—y? — 22 +222), 2 #0, 2 # 0.

53.(jyu 2006) Ogpemury JoKaIHE €KCTpeMyMe (yHKIU]je:

2 9.2
flr,y,2) =2y — 4z + 4 2 .
y 4

X

54.(anpun 2008) Ompeantu JOKadHEe eKCTPEMyMe (QyHKIUje:

I2 _|_y2
z

flz,y,2) = +dx 4 2y + 2 + 22

Y cJ10BHU EKCTpeMyMHU (t)y'HRIJ\I/Ije JBe IIPOMEHJbBE
55. OmpenuTu cBe eKCTpPEMHE BPEIHOCTU (YHKILje
flzy) =2" +97,

upu ycaoBy = +y = 1.

56. OxpenuTu CBe EKCTPEMHE BPEAHOCTU (DYHKIUje

fz,y) = zy,

opu ycaosy z2 + y? = 2.

57.(I xomorsujym 2008) OmpenuTy cBe eKCTPEMHE BPEMHOCTH (YHKIL]je

f(x,y) = 22% + 122y — 3y?, (z,y > 0)

apu ycaosy x2 + y? = 13.

58.(I rousorsujym 2008) Oapemuru cBe eKCTPEMHE BPEAHOCTU (YHKIUjE

flzy) =2 +y2, (z,y>0)

IpU yCJIOBY XY = X + Y.


Nada
Stamp


Y ciioBHU eKcTpeMyMU (QYHKIVje TPU IPOMEHJbUBE

59. OmpenuTu CcBe JIOKAJHE €KCTPEMyMe (yHKIUje
fla,y,2) = 32% 4+ 3y* + 2%,
npu yciaosy z +y + z = 1.
60. OnpenuTy cBe JOKAJIHE €KCTPEMyMe (yHKIUje

1 1 1
IIPU YCJIOBY ;—i—;—l—;:l.

61. ( okrobap 2008) OxpenuTu CBe JOKAJNHE €KCTpeMyMe (yHKIMje
f(x7y7z) = x—2y—|—5z,

npu ycaoBy x2 + y? + 522 = 10.
HajBeha 1 HajMama BpeaHoOCT QYyHKIIUje

62. OnpemuTu Hajsehy u Hajmamy Bpemnoctu dynrmmje f(z,y) = 2% —y? ma crymy D = {(z,y) : 2% + y? < 4}.
63. Onpenutu HajBehy m HajMamy BpeAHOCTH (DYHKIUjE
flay) =2 +y* —da
Ha ckyny D = {(z,y):x —4< —|y — 1],z > 0}.
64. Onpenurtu HajBehy 1 HajMamy BpeAHOCTU (PYHKIMje
f(z,y) = 2’yInz
na ckyny D = {(x,y): 1<z <e, 1<y <2?}.
65. (jym 2008) Oxpenuru Hajsehy u HajMamy BpeaHoCTU (yHKIUje
flz,y) =22% — 2wy + 20 + 1 + 42
HA TpOyraoHo] obuactu D umja cy temena A(—2,—2), B(2,0) u C(2,2).
66. (jym 2009) Oxpenuru majsehy u HajMamy BpeAHOCTU (QYHKIU)je
fla,y) = vy
Ha Tpoyraonoj obmactu D uuja cy temena A(0,0), B(5,0) u C(0,5).
67. (cemremGap 2009) Onpenutu majehy u HajMamy BPEIHOCTU ()yHKILjE
fz,y) = 8xy —x? —y* — 8z + 2y
Ha obumactu D = {(z,y) : —2< <2, -1 <y <0}
68. ( I rosmorBujym 2012) Onpenuru Hajmawy u HajBehy BpenHocTu ¢yHKIMje
flz,y) =42 + (y —3)> +2

na obaactu D = {(z,y) : 22 <y < 9}.



Bexbe mz MATEMATURE 2

Heonpebenu unTerpanmm

1. [22(5—a2%)dz
z+1

gz+1l _ gr—1
10
(x—1)(z*+2)

Metona cMeHe IPOMEHJILUBE

5. fxe“”z dx
. xdx
Ja:2—|—1

dx
7.
f zln®z
8. [

dx
zlnzIn(lnz)

i dz
R

10. [z3(1 —52*)0dx
11. [tgzda

dx
12.
2 fsinx

13. [V1—sin2zdx

14. f sin® x dz

15. (1) [cos?xsin*zdx  (2) [sin*zcos®zdx
16. (1) [cos2zsinbzdz  (2) [coszcos2zdx
17. [tg?xdz

dx
1—cosx

18. [



19.

20.

21.

22.

23.

24.

25.

26.

27.

28.

29.

30.

31.

32.

33.

34.

35.

36.

37.

38.

39.

40.

MeTona mapiijajiHe MHTErpamuje

[ xe® da

[(2? = 3z)e** dz
(1) [2xIn®zdz
J(2z — 1) cos 3z dx

[ e cosbrdr wmam

[arctgz dx
T
2

fsin T

[In(z +V1+ 2?)dz

dz

[ ? arcsinz dz

I = [cos(Inz)dz

nin

T+
1
[zln .

J xsiny/xdx

I zln(z + Va2 4+ 1) d
x? 41

1
dx

NuTerpanuja panuoHaJIHUX (YHKIVja

x? -1
T+ 2
22 + bz
22 +5x+4 .
dz
fx274$+12
z* —32%2 -3z -2
J 3 — 22 — 22 dz
5 — 8
fm3—4x2+4x
dx
fx(l—i—aﬂ)2
z—3
f(a:2—2m+10)2
5e”
fe4z_3621_4

dx

(1) f

dx

dx

dx

nian

J

(2) [ 2?n® zdx

[ e sinbzx dz

J = [sin(Inz)dz

5cosx

sin*x — 3sin’x — 4

dz



J R(sinz, cos z) dx

cmene: tgxr=t wu tgZ=t

1
41. | ————dz
fl+sin2m
2o [y o —L
. x ——dz
cos® x cos z sin® x

43, f 1 —sinx—i—cosxdm

1+sinx —cosx

dx

44.

fsin?’x

T
45, [ ————
> f4+5608x
J R(z,Vaz? + bz + ¢) d

46 7*1 d

- ——— x

47.(1) [V1—22dz  (2) [Va? —2%dz
48. (1) f\/%dx (2) [Va?—1dx
49. [Va? + 6z dx
50. [2?V4—22dx

dzx 1 /1—z
51.](17:’:)—1\/77x2 niau f; 1+mdx

52 fﬁdx
V222 +5




Bexbe mz MATEMATURE 2

Onpebenu nmHTErpaJI

IIpumernom Hbyrr-Jlaj6aumose gopMyae m3pagyHarm:  53. fil ¥ da; 54. f02 2% dz; 55. ff %;
Cwmena npomenssuBe. [lapnujasaa uaTerpamuja.
56. f:Z dz ; BT, f;% 58. fl VA—z2dr 59. [ sinxda; 60. [, |Inz|dz; 61. flx\/mdx.
sz T + o7 0 0 1/e 0
IloBpmuHEa paBHUX JIMKOBA
V3pauyHaTu MOBPHIMHY (QUIype OTPAHUYCHE OATUM KPUBUM:
62. y=2x—2%, y=ux; 63. y =sinz, y=cosz, 0<x < .
64. (II rou 2008) VM3pauysaru noBpmuHy GuUrype OrpaHUYeHe KpuBaMa: Y = __ =1,2=0.

Ily:xkuHa JIyKa KpuUBe

2?2 Inz

65. V3pauyHaTtu Oy:KUHY JIyKa KPUBE: Yy = — —

—, 1 <2 <3,
> 1 <3

66. M3pauynatu Iy:KUHY JIyKa KPUBE OaTe y MapaMeTapCcKOM OOIHKY:
x =a(t —sint), x = a(l — cost), 0 <t < 27.
67. Wspauynaru my:xuHy JTyKa kpuse: y = In(2? — 1), 2 < x < 5.

68. (I kou 2008) VMzpauynaru my:KUHY JyKa KPUBE HaTe y IapaMeTapCKOM OOJIUKY:

x :t2sint, x:tzcost, 0<t< \/5
3anmpeMuHa POTAIMOHOT TeJia

. 1
69. M3pauyHaTu 3ampeMuHy Teja HACTAJIOr POTANUjoOM (QUType OrpaHndeHe KpuBaMa y =, y = —, £ = 3 oko Ox
T
oce.

70. V3pauyHaTy 3aIpeMUHy Tejla HACTAJIOL POTAIMjOM (Urype OrpaHWYeHe KpuBaMa Y2 = 2z, y = 2, © = 0 OKO
Oz oce.

71. V3padyHaTu 3aIpeMuHy TeJa HACTAJOT POTAIMjoOM (UIype orpaHmdYeHe KpuBama y = 2x — 2, y = 0 oko Oy
oce.
72.(I11 ron 2008) VzpauynaTy 3apeMuny TeJa KOje HACTaje POTAIjoM GUType OTpaHWIEHE KPUBAMa i = /2 COS T,
m
y =0, <{,C<ZOKOO$OC6.

IToBpmuHa OOpTHE MOBPIIN

73. V3pauyyHEaTy IOBPHIMHY IIOBPIIA HACTAJE POTAIMjoM Iyka kpuse: y2 = 4z, 0 <z < 3 oro Oz oce.

(z—1)?

74. (II ron 2008) VM3pauyHaru mOBpIIMHY NOBPIIM HACTAJE POTANUjOM Kpuse y = 1+ 5

oce.

, 0<z<1 oro Oy

Inz
75. (II wox 2008) WspauyHaTu MOBPIUHY TOBPIIA HACTAJE POTAIU]jOM Kpube y = 12 — ——, y/e <2 < e oko Ox

oce.



Yommrenu VIHTEer paJjmn

d d
op 1. folx—f7a>0 op 2. f1+°° T a0

o’
WNzpauynaru:
9 de 1 dx oo dx too . 3
76 fO m, 77 fO m, 78 fO :132—‘,—47 79 fO S1n SCdl'

JIBOojHU MHTErpaIn

Csecru asojuu unrerpan [[,, f(z,y)dzdy ma msocrpyku 3a mary obmacr D:

80. D je mapamenorpam ca temenuma A(1,2), B(2,4), C(2,7), D(1,5); 81. D je tpoyrao ca temenuma A(0,0),
B(2,1), C(—2,1).

I/I3paquaTM JaTy MUHTEerpaJi:

82. [[,a?ycos(zy®)dedy; D= {(z,y)0<z<F,0<y <2}

3
Y
83. [/p Sdedy; Diy=u/3y=oe=1
CMeHa IPOMEHJbUMBUX Y ABOJHOM MHTETrPAJLY

84. W3pauynartu maTu WHTETPAJ ffD(y — z)dxdy yBobhemeMm HOBMX TpOMeHLMBUX, ako je D mapasesorpam

7
OTpaHMYEH mapaBaMa: y =z + 1, y=x—3, y = —% + 3 Y= —g + 5.

85. M3pauynaru matm mMHTErpadt

[[p@Qx —y)e™ ¥ dzdy
yBobhemeM HOBux mpomenmpusux, ako je D = {(z,y)| 1<z +y<3,2z <y <2z +1}.

I/I3paquaTM JaTy MHTETrpaJl yBObeH)eM IIOJIAPpHUX KOOpAMHATA:

3 2 2
s6. ff, VY g, u

D ={(z,y)|

N

7T2

<z?+yP<—1

Vv +y? 9
,1‘2 y2
87. [[peydedy D ={(z,y)] 5+ 7 <Lz>0y>0},

88. [[p(a® —y?* —2xy)dzdy D ={(z,y)| 2*+y*<4,2>0,y>0,2<y}.

89. [fparcte Ldzdy D= {(zy) 12?452 <0,y 2y < VAr).
X

V3

IIpuMeHe HBOJHOT MHTErpAaJia
90. Mspauynatu 3anpeMHy Teja OUPAHWYEHOr NATUM IOBDIIMMA!
(x—1)24+@y—-12=1,2=0,2y==2

2 2
T x
91. MspauynaTu IOBPIMHY paBHE (UIype OrpaHUYEHe JUHUjaMa — + 2—2 =1, —+ % =1, a>0,0>0.
a a

92. Hahwu noBpmmuy KaJoTe HOJIYyOPEYHUKA G O chepe MoTynpedHuka K.



